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Let b(C) := 1/r(C) =“bend” or curvature.

Then b(C) →∞.

First natural question: how fast does b(C) grow?
I.e. want an asymptotic formula for

NP(T ) := #{C ∈ P : b(C) < T}.
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logN (T )
log T
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Theorem (Boyd 1982):
logN (T )

log T
→ δ ≈ 1.30568 . . . (e.g. McMullen)

Boyd also carried out extensive computer simulations.
Based on these, he wrote “perhaps a relationship such as

NP(T ) ∼ c · T δ(log(T/c′))c
′′

might be more appropriate.”

Theorem 1 (K.-Oh 2008):

N (T ) ∼ c · T δ
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Now can ask about Diophantine properties of P !
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